Question

If f:R™ — R* is integrable, show that, for any € > 0,
m{z||f(z)] = e} < 400

Is it necessarily true that m({z||f(z)| > 0} < +o00?

Answer

{zl[f(@)] = e} = {z[f(z) = e} U{z|f(x) < —€}

Suppose m({x|f(x)| > €}) = 400

Then [ fi > €, + 00 = +00 and so fois not integrable.

Let f(z) = e7l#l. Then /e"”‘ = 2/0 e’ =27 =2<

{z|e7ll > 0} = R® mR = +o0



